MMANEAAAAIKEE EEETAXEIS
TENIKOY AYKEIOY
MAGOHMATIKA HPOZANATOAIZMO@
3 IOYNIOY 2026 Q
EKOONHEIEIL @
OEMA A &

Al. ’Eoto pia cuvaptnon f opisuévn og éva Stdct’n%

n f elval cvveyng oto A ko

o f'(x)=0v10 kaOe eccOTEPKO oNUELO X T 5

va amodeigete 6Tin f elvar atabepn| o€ 6 dotua A .
Movaoeg 6
A2. No SlTLTMOCETE TO KPLTPLO napsu[}@
Q Movddeg 5
A3. Eoto f pia cuvapmnon opiopé WAV a A. Tv ovopdletar apytkn

x Movaéoec 4

A4. Na yopoxtnpicete tig nplg Tov 000DV YpapovTog oTo TETPAIO 00,
dirha oto ypouuo. mov o@ oLyl kdBe mpotaon, ™ l&één Xwatd, av n
54*!: a waon eivar lavOaouévn.

Tpotaon eival owarty,

a) M ocuvvdpt /R — v “1-17, av xar povo ov vrdpyovv
SLPOPETIKA {0: NG YPOPIKNG TNG TOPAGTAOTG HE TNV {8100 TETOYUEVN).

B) Av ipton  f | eivaymopaywyicun o éva onpeio x, tov mediov
opwuoﬁ%e etv VVEYNS 6TO onueio avTo.

) ’Ecw)& vapmon f ovveyng oe éva ddotnua A Kot 000 QopEg
TOPAYOYIGYI 6T0 €0mTEPIKO ToL A. Av f"(x)>0 7y KGbe gomTEPLKO
cm<>rou A, t6te f elval kupth 610 A.

0) nouvapmmon g eivol Tapaywyicyn 6To Xy Kol 1 cvvaptnon f eivai
napayoyioyun 6to g(xg), T0TE N GLVAPTNOT fog Elval TAPAYOYIGULN GTO X

% 1GY0EL
(fog) (x) = f"(g(x))  &'(x)).
g) H ovvapmon f(x)=ox eivar mopayoyioym oto R—{x|nuwx=0} kot

é wyvel (ogx) =

nw’x’
Movddeg 10



OEMA B

AivovTal o1 GUVAPTAGELS @
f:(L+o) > R, petomo f(x)=2In(x—-1) @

Ko
g :[2.4%) > R, petomo g(x) =~/x -2 +/®

B1. No npocdopicete  cuvéptnon A= fog .
Movdodec 8

210 endpeva epotrata vo Oewpnoete 6t A(x) = In(x5 € (2, +oo) .

B2. No omodeifetre 011 M ovvaptnon 4~ aviwotpépeton (Lovddeg 3) kot vo
Tpocdlopicete T cuvaptnon 4 (Lovade

Movddec 9
B3. No vmoloyicete to 6plo lin}(h(x)
Movdodec 8
OEMAT
Atvetoum ouvdptmon f: R —> R pe tomo
pe «, i1 € R, yuo v omot
e H f &elopllovia
e Hevbeioy=x ?M@ PEKT TOPAGTOCN TNG f/ OTNV 0Py TOV 0EOVOV.
I'l. No anodsiEete ot
i) x 1
i) (=T
Movaoeg 8
I2. LEAETNOETE TN GLVAPTNON f MG TPOS TN LOVOTOVIK Kot T0. okpdTOTOL

x LOVAOES 6).
Qii) Na arodeiete 011 To GVUVOLO TIH®V NG [ givae TO [—%,%} (povddeg 3) Ko

va Bpeite to mNbog tov pllav g eElowong f(x) = %+ a’, o k60e TN

™G mopapéTpov o € R (Lovddeg 2).
Movaoeg 11



2v+l

I'3. TwvelR opifovue I, = lxz—dx.
0x”+1
1 x

i) No amodeigere ot I, +1, | = ,velN
2v+2
ii) No vroloyicete ta 1y, I, ko 1.
@ Movadeg 6
OEMA A

‘Eoto ocvvépmon g:R —-> R mapayoyiown, pe ocoveyly/mapdywyo, ywou tv omoi
oyvovV:

o 0<gx)<l,ywwkdbe xeR,
o 2g'(x)#-1, yiakdbe xeR.

Al.  No amodei&ete 6TL VRLAPYEL LOVOIIKO X,

Movddeg 6
Atveton emumhéov 1 TOPAY®YIGIUN GLV
f(x)=
pe k €R.
A2. Noa anodei&ete 0TL K x
Movaédeg 2
. . {7 .
A3.  No amodei&ete-OTIGTO SIUGTN L } O’E 1GYVOVV:
i)_ﬂx)ZéK§§§ Vadeg 4)
ii) 1 e&lowon 3fx) = 7 &er axpiPac o pila, x,. (Lovadeg 3)
Movaoeg 7

Ad. i) 0oeitete Ot f(x) > 0 610 drotnua [x;, 0]. (Lovadeg 3)
ii) Eoto Q 10 yopio mov mepuieietor amd n ypoeiky] mopdoTacn g
%dpmcng /. tov a&ova x'x kot TG vbeieg x = x| kot x = f(x), 6OV X
x tvar 0 apBudc amd 1o epdTHA Al Ko x; eivon n pila amd to epdTNUA
A3ii. Av o d&ovog Yy yopilet 10 Q oe Vo oeuPadikd ywpia, vo
anodeiEete ot

4 2
T

0 X

I| ¥’g'(x)dx="1+—-3In2-3.

[ xg v =042
(Movéodeg 7)
Movaoeg 10

(O8]



